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FBShhBF ′), with F = ( −2Eu1,t+τx′1,t, 2Eu2,t+τx′2,t), B a block diagonal matrix with block

diagonal elementsB1 and B2, Sdd the long-run variance of dt+τ , Shh the long-run variance

of ht+τ , and Sdh the long-run covariance ofht+τ and dt+τ . As a result, the MSE-t test as

constructed in (1) may be poorly sized because, generally speaking, the estimated variance

Ŝdd is consistent for Sdd but not Ω.

One case in which the MSE-t test (1) will be asymptotically valid in the presence of

estimated parameters is whenF = 0. F will equal zero when the forecast error is uncor-

related with the predictors — a case that will hold when quadratic loss is used for both

estimation and inference on predictive ability and the observables are covariance stationary.

However, when the data is subject to revision, the population level residualsys+τ − x′i,sβ
∗
i ,

s = 1 , ..., t− τ , and forecast errorsyt+τ (t′) − x′i,t(t)β
∗
i , t = R, ..., T , need not have the same

covariance structure. Consequently,E(ys+τ − x′i,sβ
∗
i )xi,s equaling zero need not imply any-

thing about whether or not E(yt+τ (t′) − x′i,t(t)β
∗
i )xi,t(t) equals zero.

Lemma 1. Define F = 2(−Eu1,t+τ (t′)x′1,t(t), Eu2,t+τ (t′)x′2,t(t)) and let Assumptions 1,

2 and 4 or 4′ hold. P 1/2d̄ = P−1/2 ∑T
t=R(u2

1,t+τ (t′) − u2
2,t+τ (t′) + FBH(t)) + op(1).

The expansion in Lemma 1 is notationally identical to that in West’s (1996) Lemma

4.1. This is not entirely surprising since, under our assumptions, the parameter estimates

used to construct the forecasts are consistent for their population counterparts and hence

the term due to parameter estimation error (FBH(t)) contributes in the same fashion re-

gardless of revisions. Even so, this term is different from that in West (1996) in one very

important way. The term F captures the average marginal effect of a unit change in the

parameter vector (β′1, β
′
2)′ used to construct d̂t+τ (t′). In the presence of revisions this isF =

2(−Eu1,t+τ (t′)x′1,t(t), Eu2,t+τ (t′)x′2,t(t)). This moment need not be the same as its equiva-

lent constructed using final revised data. Nevertheless, since the asymptotic expansion is

notationally identical to West’s (1996), the asymptotic distribution of the scaled average of

the loss differentials remains (notationally) the same.

Theorem 1. Let Assumptions 1, 2 and 4 or 4′ hold. P 1/2d̄ →d N (0, Ω) where Ω =

Sdd + 2(1 − π−1 ln(1 + π))( FBSdh + FBShhBF ′).

Since the asymptotic distribution is essentially the same as in West (1996), the special
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